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Sum-frequency excitation of coherent magnons
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Coherent excitation of magnons is conventionally achieved through Raman scattering processes, in which the
difference-frequency components of the driving field are resonant with the magnon energy. Here, we describe
mechanisms by which the sum-frequency components of the driving field can be used to coherently excite
magnons through two-particle absorption processes. We use the Landau-Lifshitz-Gilbert formalism to compare
the spin-precession amplitudes that different types of impulsive stimulated and ionic Raman scattering processes
and their sum-frequency counterparts induce in an antiferromagnetic model system. We show that sum-frequency
mechanisms enabled by linearly polarized driving fields yield excitation efficiencies comparable or larger than
established Raman techniques, while elliptical polarizations produce only weak and circular polarizations no
sum-frequency components at all. The mechanisms presented here complete the map for dynamical spin control
by means of Raman-type processes.
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Ultrashort laser pulses are able to generate coherent quasi-
particle excitations and induce macroscopic amplitudes in the
normal mode coordinates, such as atomic motion for phonons
and spin precession for magnons. The most prominent excita-
tion mechanisms are Raman processes: impulsive stimulated
Raman scattering, in which photons from an ultrashort laser
pulse scatter with a Raman-active quasiparticle, and ionic
Raman scattering, in which photons from an ultrashort pulse
initially excite infrared-active phonons coherently, which then
in turn scatter with a Raman-active quasiparticle. Impul-
sive stimulated Raman scattering is an established means
of excitation for Raman-active phonons [1,2] and magnons
[3–11]. Ionic Raman scattering in turn, predicted 50 years
ago [12–14], has been demonstrated and described only in
recent years for Raman-active phonons [15–18] and magnons
[19–21] due to the development of powerful terahertz and
midinfrared sources.

Phenomenologically, these Raman processes are described
by an ARA2

D interaction term in the free energy, where AR is
the amplitude of the normal mode coordinate of the Raman-
active quasiparticle and AD is the amplitude of the driving
field. In the case of impulsive stimulated Raman scatter-
ing, AD corresponds to the electric field amplitude of the
laser pulse, and in the case of ionic Raman scattering, AD

is the vibrational amplitude of the coherent infrared-active
phonon. If the driving field follows a sinusoidal shape AD ∼
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sin(ω0t ) with center frequency ω0, then the force acting on the
Raman-active quasiparticle, A2

D ∼ 1 − 2 cos(2ω0t ), produces
a static term and one oscillating at double the frequency. For
finite linewidths, these terms consist of difference- and sum-
frequency components, ω1 − ω2 and ω1 + ω2, respectively.
In conventional Raman scattering processes, the difference-
frequency components of the driving field are resonant with
the frequency of the Raman-active quasiparticle, as illus-
trated in Figs. 1(a) and 1(b). Very recently, excitations of
coherent Raman-active phonons through sum-frequency com-
ponents have been achieved, in which the Raman-active
phonon absorbs two photons [22–25] or two infrared-active
phonons [23–28]. In contrast, both experimental and theo-
retical demonstrations are still missing for the excitation of
magnons through sum-frequency processes.

In this study, we develop a phenomenological description
of the sum-frequency counterparts [Figs. 1(c) and 1(d)] of
impulsive stimulated and ionic Raman scattering for the co-
herent excitation of magnons in dielectric insulators, building
on the formalism developed in Ref. [21]. The sum-frequency
description of the scattering process differs conceptually from
the Raman scattering processes with phonons [22,23], be-
cause angular momentum considerations have to be taken
into account. We compare the relative strengths of the
difference- and sum-frequency mechanisms for the example
of an anisotropic antiferromagnetic Heisenberg model, for
which we evaluate the spin-precession amplitudes for differ-
ent optical and phononic drives. We show that sum-frequency
mechanisms enabled by linearly polarized driving fields yield
excitation efficiencies comparable to or larger than established
Raman techniques for comparable coupling strengths, while
elliptical polarization produces only weak and circular polar-
ization no sum-frequency components at all. In addition, the
sum-frequency mechanisms benefit from a higher selectivity
due to the possibility of resonant tuning and due to the lower
energy of the excitation.
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FIG. 1. Fundamental one-magnon scattering processes of photons and coherent infrared-active phonons. (a) Impulsive stimulated Raman
scattering, (b) ionic Raman scattering, (c) two-photon absorption, (d) two-phonon absorption. (e) Schematic frequency spectrum of a magnon
and optomagnetic drives in the visible and terahertz range. Shown are the frequency of the magnon, �m (green), the center frequencies
of the visible and terahertz pulses, ωVIS (blue) and ωTHz (red), as well as the difference- and sum-frequency components of the respective
driving forces, ω1 − ω2 and ω1 + ω2. In this example, the difference-frequency components of the visible-light pulse and the sum-frequency
components of the terahertz pulse overlap with the magnon mode and are therefore able to excite it.

I. THEORY OF OPTICALLY AND PHONON-INDUCED
SPIN DYNAMICS

A. Landau-Lifshitz-Gilbert spin dynamics

We begin by reviewing the phenomenological theory of
spin dynamics in the Landau-Lifshitz-Gilbert formalism. The
precession of a spin, Ss with |Ss| = 1, follows the equation of
motion

dSs

dt
= − γ

1 + �2

[
Ss × Beff

s − �

|Ss|Ss × (
Ss × Beff

s

)]
, (1)

where γ = gμB/h̄, g is the material-dependent gyromagnetic
ratio, μB is the Bohr magneton, h̄ is the reduced Planck’s
constant, and � is a phenomenological damping constant.
The effective magnetic field acting on the spin is given by
Beff

s = (γ h̄)−1∂H/∂Ss, where H is the Hamiltonian of the sys-
tem. Here, we use a model of a three-dimensional anisotropic
Heisenberg antiferromagnet with two spin sublattices, s ∈
{1, 2}, which interacts with light and coherent phonons,

H = H0 + Hphot + Hphon. (2)

The ground state Hamiltonian

H0 = JS1 · S2 +
2∑

s=1

[
DxS2

sx + DyS2
sy

]
(3)

consists of a term with antiferromagnetic exchange coupling,
J = 6JNN > 0, where JNN is the nearest-neighbor antiferro-
magnetic exchange coupling, and anisotropy terms along the
x and y directions, Dx and Dy, which align the spins along
the z direction, as shown schematically in Fig. 2. The studied
model and spin lattice is similar to those used to describe
the prototypical antiferromagnet nickel oxide (NiO) [29–31],
but for demonstration purposes, we use artificial values for
the material parameters here that do not reflect the proper-
ties of NiO. Hphot and Hphon describe the interactions of the
spins with light and with coherent infrared-active phonons.
In the ground state and without external magnetic fields, this
model exhibits two magnon modes, one out-of-plane mode
with energy h̄�OP = 2

√
J (Dx + Dy), and one in-plane mode

with energy h̄�IP = 2
√

JDy [31]. The effective magnetic field
experienced by the spins in equilibrium, B0

s , is given by [30]

B0
s = 1

γ h̄
∂H0/∂Ss (4)

= 1

γ h̄
[J (Ssxx̂ + Ssyŷ + Sszẑ) + 2(DxSsxx̂ + DySsyŷ)]. (5)

In the following sections, we describe the effective
magnetic fields exerted on the spins by the electric-field
components of a laser pulse (optomagnetic effects) and
by coherently excited infrared-active phonons (phonomag-
netic effects). We hereby extend the formalism of Ref. [21]
to include both difference-frequency components through
impulsive stimulated and ionic Raman scattering, as well sum-
frequency components through two-photon and two-phonon
absorption. The coherent nature of the excitations allows us
to treat the fundamentally quantum-mechanical states of co-
herent phonons and magnons in a semiclassical formalism of
vibrations and spin waves [2,32,33]. Both impulsive stimu-
lated and ionic Raman mechanisms here describe one-magnon
scattering at the center of the Brillouin zone. For two-magnon

PumpProbe
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S1 S2 Rotated probe

ly(t)

mx(t)

FIG. 2. Schematic of the pump-probe geometry. The spins of
the antiferromagnetic model are aligned along the z direction. The
in-plane magnon mode excited by the pump pulse in this geometry
(either directly, or through coherently excited phonons) distorts the
spins antiferromagnetically along the y direction, ly(t ), as well as
ferromagnetically along the x direction, mx (t ). The probe pulse then
undergoes a Faraday rotation θ (t ), which follows the oscillation of
mx (t ).
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scattering processes [34], the scattering conditions in Fig. 1(e)
would have to be modified to include two times the magnon
frequency. The effective magnetic field picture hereby pro-
vides an intuitive description of the underlying physics in the
regime of stable magnetic order, where no photo- or phonon-
induced melting is induced [35–40]. Note that for very short
pulses, the diamagnetic response in the effective magnetic
field picture may not be entirely accurate anymore and ad-
ditional diamagnetic effects resulting from a quenching of
orbital angular momentum have to be taken into account that
may even dominate the response in some cases [41–43]. The
scattering process then has to be treated in a fully quantum-
mechanical formalism [7,44–46].

B. Effective optomagnetic fields

We now derive the effective optomagnetic fields arising
from the interaction of the electric-field components of a laser
pulse with magnetic order. In conventional descriptions of
nonlinear light-matter interactions in the field energy density
approach, a time averaging is applied that eliminates fast-
oscillating components [47–50]. To obtain both difference-
and sum-frequency components of the optomagnetic field, we
write the field energy density U of a nonabsorbing and linearly
polarized material without time averaging as

U = 1
2 Di(t )Ei(t ), (6)

where Ei is the electric field and Di = ε0Ei + Pi the electric
displacement field along the spatial coordinate i, and ε0 is
the vacuum permittivity. The complex spectral decomposi-
tion of the electric field reads Ei(t ) = ∑

n Ẽi(ωn)e−iωnt , where
Ẽi(ωn) is the amplitude of the electric-field component with
frequency ωn, the sum over n runs over all negative and
positive frequencies, and Ẽi(ωn) = Ẽ∗

i (−ωn) to ensure that
Ei(t ) is real. We use the Einstein notation for the summation
of indices. The polarization Pi up to first order in the electric
field is given by Pi(t ) = ε0

∑
n χi j (ωn)Ẽ j (ωn)e−iωnt , where χi j

is the frequency-dependent linear susceptibility, for which
χi j (ωn) = χ∗

i j (−ωn) = χ∗
ji(ωn). We accordingly rewrite the

field energy density U as

U = 1
2ε0Ei(t )Ei(t )︸ ︷︷ ︸

Hvac/Vc

+ 1
2 Pi(t )Ei(t )︸ ︷︷ ︸

Hphot/Vc

, (7)

where Hvac is the Hamiltonian of the vacuum polarization,
Hphot that of the linear polarization of the medium, and Vc is
the volume of the unit cell.

χi j is further dependent on the magnetic order and we
expand it up to second order in the ferromagnetic and
antiferromagnetic vectors, m = S1 + S2 and l = S1 − S2, re-
spectively, as [8–11,21]

χi j = χ
gs
i j + iαi jkmk + iα′

i jk lk

+βi jkomkmo + β ′
i jkolklo + β ′′

i jkomklo, (8)

where χ
gs
i j is the ground-state linear susceptibility, and α( ′ )

and β ( ′,′′ ) are the frequency-dependent first and second order
optomagnetic coefficients (or magnetic Raman tensors). The
coupling of the laser pulse to the magnetization in first order is
known as inverse Faraday effect, while the coupling in second
order is known as inverse Cotton-Mouton effect [3–11,21].

For excitation energies below the band gap of insulating sys-
tems, the susceptibility mediates the Raman effect through
virtual electronic states [51]. (The insulating system can, in
principle, also be a Mott-insulating system [52]).

We assume that our model system is irradiated with
light propagating along the x direction, with electric-field
components lying in the yz plane, as illustrated in Fig. 2.
For demonstration purposes, we choose one first-order and
one second-order term to be nonzero and set α′

i jk = βi jko =
β ′′

i jko = 0. Note that in Refs. [9,10] a similar geometry leads
to vanishing terms linear in l , while the term scaling with m2

can be neglected in antiferromagnets. For the remaining co-
efficients, αzyx = −αyzx and β ′

zyyz = β ′
zyzy = β ′

yzzy = β ′
yzyz. In

practice, the existence and magnitudes of the coefficients de-
pends on material parameters and symmetries and can further
vary with the dimensionality of the spin lattice. Using Eqs. (7)
and (8), the interaction Hamiltonian of light with magnetic
order reads

Hphot = Vcε0

2

[(
χgs

yz (ωz ) − iαyzx(ωz )mx

+ 2β ′
yzzy(ωz )lylz

)
Ẽ∗

z (ωz )eiωzt + c.c.
]
Ey(t )

+ Vcε0

2

[(
χgs

yz (ωy) + iαyzx(ωy)mx

+ 2β ′
yzzy(ωy)lylz

)
Ẽ∗

y (ωy)eiωyt + c.c.
]
Ez(t ). (9)

The effective optomagnetic field acting on the spin Ss is then
given by Beff

s = (γ h̄)−1∂Hphot/∂Ss.
To induce an effective optomagnetic field through the in-

verse Faraday effect, light traveling in the x direction needs to
be elliptically or circularly polarized, and we write for the z
and y components of the electric field

Ez(t ) = Ez(t )(e−iωzt + eiωzt ), (10)

Ey(t ) = Ey(t )(ie−iωyt − ieiωyt ). (11)

Here, Ei(t ) = Ei0exp{−t2/[2(τ/
√

8 ln 2)2} is a Gaussian car-
rier envelope, Ei0 is the peak electric field along direction i,
and τ is the full width at half maximum pulse duration. In
general, Ez(t ) and Ey(t ) can have different center frequencies
and their phase difference will change in time; in circularly
polarized light, ωz = ωy and their phase difference is π/4.

Neglecting the dependence of χi j on the shape of the carrier
envelope, assuming lz is constant in time as in Ref. [10], and
replacing the spectral component Ẽi with Ei in the time do-
main for a particular center frequency, we find that the inverse
Faraday effect, mediated through the αzyx term, generates an
effective optomagnetic field, BIFE

s , according to

BIFE
s (t ) = ε0Vc

γ h̄
Ez(t )Ey(t )

× [α+ cos(ω−t ) + α− cos(ω+t )]x̂, (12)

where we have used trigonometric product-to-sum and
angle-sum identities, we defined ω± = ωz ± ωy and α± =
αzyx(ωy) ± αzyx(ωz ), and where BIFE

1 = BIFE
2 . For circularly

polarized light (Ey = Ez ≡ E and ωy = ωz), α− vanishes and
we obtain the conventional equation for the inverse Faraday
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effect [8,10,48],

BIFE
s (t ) = ε0Vc

γ h̄
E2(t )α+x̂. (13)

The inverse Faraday effect involving circularly polarized light
can therefore not produce sum-frequency components. More
generally it can only produce sum-frequency components if
αzyx shows a large frequency dependence in order to make α−
significant. Conventionally, Raman tensors are only weakly
frequency dependent in spectral ranges far below the band
gap [23], and we expect similar behavior for magnetic Raman
tensors here.

For an effective optomagnetic field induced by the inverse
Cotton-Mouton effect, we assume a laser pulse traveling along
the x direction, which is linearly polarized in the yz plane with
an angle of φ with respect to the z axis,

Ez(t ) = Ez(t ) cos(φ)(e−iωzt + eiωzt ), (14)

Ey(t ) = Ey(t ) sin(φ)(e−iωyt + eiωyt ). (15)

The effective optomagnetic field generated by the inverse
Cotton-Mouton effect, BICME

s , mediated through the β ′
zyyz

term, then yields

BICME
1(2) (t ) = ±ε0Vc

γ h̄
Ez(t )Ey(t )β ′

+ sin(2φ)

× [cos(ω+t ) + cos(ω−t )]lzŷ, (16)

where we defined β ′
+ = β ′

zyyz(ωy) + β ′
zyyz(ωz ). The inverse

Cotton-Mouton effect is maximized when the linear polar-
ization is oriented at 45 degrees between the y and z axes.
Both the difference- and sum-frequency components scale
identically with β ′

+, in contrast to the inverse Faraday effect.

C. Effective phonomagnetic fields

Next, we derive the effective phonomagnetic fields pro-
duced by coherent infrared-active phonons analogously to the
previous section. In previous work, Ref. [21], fast-oscillating
components were eliminated in the derivation of the Raman
scattering mechanisms. In order to include both difference-
and sum-frequency components, we write the interaction
Hamiltonian, Hphon, as

Hphon = 1
2 Ii(t )Qi(t ), (17)

where Qi(t ) = ∑
n Q̃i(�n)e−i�nt is the phonon amplitude and

Ii(t ) = ∑
n Di j (�n)Q̃ j (�n)e−i�nt can be regarded as phononic

displacement field. We again use the Einstein notation for
summing indices, which here denote the phonon band number
and not spatial coordinates. Di j = qT

i Dq j is the projected
dynamical matrix, where qi is the eigenvector of phonon mode
i and D the dynamical matrix. For i = j, we obtain the eigen-
frequency of phonon mode i as �i = √

Dii. We expand Di j to
second order in the ferro- and antiferromagnetic vectors, m
and l, analogously to the linear susceptibility in the previous
section, yielding [21]

Di j = Dgs
i j + iai jkmk + ia′

i jk lk

+ bi jkomkmo + b′
i jkolklo + b′′

i jkomklo, (18)

where Dgs
i j is the projected dynamical matrix of the ground

state, and a( ′ ) and b( ′,′′ ) are the frequency-dependent first
and second order magnetophononic coefficients (or magnetic
ionic Raman tensors). The coupling of coherent infrared-
active phonons to the magnetization in first order has been
described as phonon inverse Faraday effect, and the cou-
pling in second order as phonon inverse Cotton-Mouton effect
[21,53].

In our model, we assume that the terms remaining in
the expansion of the projected dynamical matrix are anal-
ogous to those in the expansion of the susceptibility for
the optomagnetic effects, setting a′

i jk = bi jko = b′′
i jko = 0. For

the remaining coefficients, azyx = −azyx and b′
zyyz = b′

zyzy =
b′

yzzy = b′
yzyz. Using Eqs. (17) and (18), we obtain for the in-

teraction Hamiltonian with coherent infrared-active phonons

Hphon = Vc

2

[(
Dgs

yz (�z ) − iayzx(�z )mx

+ 2b′
yzzy(�z )lylz

)
Q̃∗

z (�z )ei�zt + c.c.
]
Qy(t )

+ Vc

2

[(
Dgs

yz (�y) + iayzx(�y)mx

+ 2b′
yzzy(�y)lylz

)
Q̃∗

y (�y)ei�yt + c.c.
]
Qz(t ). (19)

The effective phonomagnetic field acting on the spin Ss is then
given by Beff

s = (γ h̄)−1∂Hphon/∂Ss.
To induce an effective phonomagnetic field through the

phonon inverse Faraday effect, the coherent phonons have
to be elliptically or circularly polarized, for example as a
superposition of two phonons with orthogonal polarizations
along z and y directions and frequencies �z and �y, which
are excited coherently by an elliptically or circularly polarized
laser pulse traveling in x direction. Without loss of generality,
the phonon amplitudes can be written as

Qz(t ) = Qz(t )(e−i�zt + ei�zt ), (20)

Qy(t ) = Qy(t )(ie−i�yt − iei�yt ), (21)

where Qi(t ) are the envelopes of the coherently excited
phonons that can be obtained by solving the phonon equations
of motion. We assume that the projected dynamical matrix is
constant during the entire time evolution and replace the spec-
tral component Q̃i with Qi in the time domain for a particular
eigenfrequency. The effective phonomagnetic field generated
by the phonon inverse Faraday effect, BPIFE

s , through the ayzx

term then yields

BPIFE
s = Vc

γ h̄
Qz(t )Qy(t )

× [a+ cos(�−t ) + a− cos(�+t )]x̂, (22)

where we have again used trigonometric product-to-sum
and angle-sum identities, defined �± = �z ± �y and a± =
azyx (�y) ± azyx (�z ), and where BPIFE

1 = BPIFE
2 . BPIFE

s can
in short be written as cross product and in terms of
the angular momentum of the phonons, Q × Q̇ [20,21,53–
59], so that BPIFE

s = azyxQ × Q∗ ≡ ãzyxQ × Q̇, where Q =
(Qz, Qy, 0) and ayzx(�i ) = ãyzx�i [21,53]. The prefactors to
the difference- and sum-frequency components can there-
fore be written as a± = ãyzx�±/2. For circularly polarized
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phonons (setting Qz = Qy ≡ Q, �z = �y ≡ �, and ãzyx ≡ ã)
we obtain the regular difference-frequency equation for the
effective phonomagnetic field [20,21,53,58],

BPIFE
s = Vc

γ h̄
Q2(t )�ãx̂. (23)

The phonon inverse Faraday effect, analogously to the in-
verse Faraday effect, produces no sum-frequency components
in the case of circularly polarized phonons, in which a− =
ãyzx�−/2 = 0. A significant sum-frequency contribution is
possible for strongly elliptical phonons with different frequen-
cies for z and y polarizations.

For an effective phonomagnetic field induced by the
phonon inverse Cotton-Mouton effect, we assume that two
phonons with orthogonal polarizations z and y are excited
in-phase,

Qz(t ) = Qz(t ) cos(φ)(e−i�zt + ei�zt ), (24)

Qy(t ) = Qy(t ) sin(φ)(e−i�yt + ei�yt ), (25)

where φ is the angle of linear polarization with respect to the
z axis. The effective phonomagnetic fields, BPICME

s , mediated
through the b′

zyyz term as the only contribution, yield

BPICME
1(2) = ± Vc

γ h̄
Qz(t )Qy(t )b+ sin(2φ)

× [cos(�+t ) + cos(�−t )]lzŷ (26)

where we defined b+ = b′
zyyz(�y) + b′

zyyz(�z ). Analogously to
the optomagnetic case, both difference- and sum-frequency
components in the phonon inverse Cotton-Mouton effect scale
identically with b+ and the effect is maximized when the
polarization of the phonon modes is oriented at a 45 degree
angle between the z and y axes.

To evaluate the effective phonomagnetic fields in Eqs. (22)
and (26), we calculate the phonon amplitudes Qi by numeri-
cally solving the equations of motion

Q̈i + 2κiQ̇i + �2
i Qi = ZiEi(t ), (27)

where κi are the phonon linewidths and Zi are the mode
effective charges [17,23,60]. The shapes of the electric-field
components Ei for the excitation of phonons for the phonon
inverse Faraday and phonon inverse Cotton-Mouton effects
are given by Eqs. (10), (11), (14), and (15), respectively, where
the center frequencies are chosen resonant with the phonon
frequencies, ωi = �i.

The phonon amplitudes obtained by Eq. (27) serve as input
to Eqs. (22) and (26) and consequently to Eq. (1). In this
model, the phonons experience no feedback from the spin
system and therefore act analogously to a nondepleting optical
pulse. The feedback from a single Raman-active phonon into
an infrared-active one through Raman-type coupling can lead
to a beating signal of the amplitude but does not significantly
contribute to the damping of the infrared-active phonon,
which is primarily determined by the decay into acoustic
phonons, and we expect the same to be true for magnons
[23,61]. Note that while the coherently excited infrared-active
phonons mediate their energy to the spins, they couple nonlin-
early to other vibrational degrees of freedom and participate
in ionic Raman scattering or two-phonon absorption by other

phonons and may induce transient distortions in the crystal
structure that alter the magnetic order quasistatically [62–70].
These effects and other non-Raman spin-phonon interactions
[64,71–80], as well as two-magnon processes [81,82] and
phenomena arising from Floquet driving [83–85], are not dis-
cussed in this work.

II. NUMERICAL SPIN-DYNAMICS SIMULATIONS

A. Model parameters

We turn to the numerical evaluations of the spin dynamics
that the different optical and phononic drives induce according
to the Landau-Lifshitz-Gilbert formalism in Eq. (1) and in the
pump-probe geometry shown in Fig. 2. We use two differ-
ent sets of anisotropy parameters for the antiferromagnetic
Heisenberg model described by Eq. (3) in order to create
one system with a high-frequency and one system with a
low-frequency in-plane magnon mode. For the antiferromag-
netic exchange coupling, we set J = 6JNN = 106 meV. We
set Dx = 4.3 meV and Dy = 1.0 meV to get an in-plane
magnon frequency of 5 THz, and Dx = 0.43 meV and Dy =
0.040 meV to get an in-plane magnon frequency of 1 THz. In
some materials, magnetic anisotropy induces structural distor-
tions along the corresponding lattice directions, which shifts
the frequency of the phonons polarized in this direction. As
these distortions are generally very small we will neglect the
influence of the magnetic anisotropy on the phonon frequen-
cies here. We set the phenomenological damping of the spin
precession to � = 2.4 × 10−4 and the opto- and phonomag-
netic coefficients to αzyx = 2.8 × 10−58, β ′

zyyz = 2.3 × 10−60,
azyx = 4.9 × 10−6 m3 s−2, b′

zyyz = 2.2 × 10−8 m3 s−2 in the
unit system used here. In a real system, the opto- and phono-
magnetic coefficients are strongly material dependent and
have to be computed using first-principles calculations in
order to produce quantitatively accurate efficiencies of the
difference- and sum-frequency mechanisms [21]. We will
therefore compare the difference- and sum-frequency mech-
anisms relative to each other in order to make the results
independent of the absolute magnitudes of the coefficients.

The spin precession induced by the opto- and phono-
magnetic fields can be detected through Faraday-rotation
experiments, in which the Faraday rotation θ is proportional
to the oscillation of the ferromagnetic component m,

θ (t ) = Cx̂ · m(t ), (28)

where the proportionality constant includes the gyromagnetic
ratio γ , the ion density of the material, and the Verdet constant
[30]. As we compare relative magnitudes of the spin preces-
sion, we set C = 1 without loss of generality.

B. Optomagnetic effects

We now compare the relative efficiencies of the difference-
and sum-frequency excitation mechanisms via the inverse
Faraday and inverse Cotton-Mouton effects for the 5 THz and
1 THz magnon systems. For the laser pulses in Eqs. (10), (11),
(14), and (15), we assume equal center frequencies and peak
electric fields for the z and y components, ωz = ωy ≡ ω0 and
Ez0 = Ey0 ≡ E0. For the difference-frequency components in
impulsive stimulated Raman scattering, we use typical pulse
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Inverse Faraday effect Inverse Cotton-Mouton effect

5 THz magnon system 1 THz magnon system 5 THz magnon system 1 THz magnon system

(a) ω0≡1 eV 
ω0=2.5 THz

ω0≡1 eV 
ω0=0.5 THz

ω0≡1 eV 
ω0=2.5 THz

ω0≡1 eV 
ω0=0.5 THz

×5

×5

×5×10

×10

×30

(b) (c) (d)

(e) (f) (g) (h)

FIG. 3. Spin dynamics induced by the inverse Faraday and inverse Cotton-Mouton effects. In (a)–(d), we compare the effective magnetic
fields, BIFE

s and BICME
1 , produced by the different optical drives in the near-infrared (ω0 ≡ 1 eV, τ = 90 fs) and terahertz (ω0 = 2.5 THz, τ = 1

ps and ω0 ≡ 0.5 THz, τ = 5 ps) spectral ranges in the 5 THz and 1 THz magnon systems. With these parameters, all three pulses have the
same total energy. In (e)–(h) we compare the Faraday rotations θ around the x direction arising from the spin dynamics induced by the effective
magnetic fields. The Faraday rotations are directly proportional to the induced spin-precession amplitudes, θ (t ) ∝ m(t ), see Eq. (28). Both the
effective magnetic fields and the rotations are normalized to those generated by the respective high-frequency drives, B0 and θ0.

parameters in the near-infrared regime, with a photon energy
of 1 eV (center frequency ω0 = 237 THz), full width at half
maximum pulse duration of τ = 90 fs, and a peak electric
field of E0 = 25 MV/cm [10]. For the sum-frequency com-
ponents in two-photon absorption, we require pulses with
center frequencies of half the magnon frequency, ω0 = �IP/2.
We therefore set the parameters to ω0 = 2.5 THz, τ = 1 ps,
and E0 = 7.5 MV/cm for the 5 THz magnon system, and
ω0 = 0.5 THz, τ = 5 ps, and E0 = 3.4 MV/cm for the 1 THz
magnon system, where we chose the pulse durations and peak
electric fields such that all three pulses have the same total
energy.

We show the normalized effective optomagnetic fields pro-
duced by the inverse Faraday effect according to Eq. (12) and
by the inverse Cotton-Mouton effect according to Eq. (16)
in Figs. 3(a)–3(d), as well as the normalized Faraday rota-
tions according to Eqs. (28) and (1) in Figs. 3(e)–3(h). The
values of the optomagnetic fields and Faraday rotations are
normalized to the maximum amplitudes of the respective
high-frequency drives. In the inverse Faraday effect, only
static responses of the effective optomagnetic fields BIFE

s ,
resulting from difference-frequency components from both
the near-infrared and terahertz pulses, show up. While the
1 eV pulse is short enough to impulsively excite coherent
spin precession, the 0.5 THz pulse simply drags the ferro-
magnetic spin component along for the duration of the pulse.
In the inverse Cotton-Mouton effect in contrast, an oscilla-
tory component of the effective optomagnetic field BICME

1
is clearly visible. There, the 1 eV as well as both terahertz
pulses excite coherent spin precessions with similar magni-
tudes. The sum-frequency excitations by the terahertz pulses
are not impulsive in nature and the spin-precession amplitude
builds up gradually, compared to the sudden onset of the
amplitude in the difference-frequency case. This behavior of
the magnons in the impulsive stimulated Raman scattering
and two-photon absorption processes underlying the inverse

Cotton-Mouton effect is equivalent to that of Raman-active
phonons [23].

C. Phonomagnetic effects

We next compare the relative efficiencies of the difference-
and sum-frequency excitation mechanisms via the phonon
inverse Faraday and phonon inverse Cotton-Mouton effects
for the 5 THz and 1 THz magnon systems. In a real material,
the coherent excitation of infrared-active phonons imposes
an additional limitation on the possible excitation strength
of the laser pulses. When the amplitude of atomic motion
exceeds a certain threshold, the structure of the crystal will
break down. It is therefore more meaningful to compare the
phonomagnetic effects in terms of equal phonon amplitudes
and not in terms of equal total pulse energies as in the case of
the optomagnetic effects.

For the difference-frequency components in ionic Raman
scattering, we assume phonons polarized along the z and y
directions with equal eigenfrequencies of �z = �y ≡ �IR =
15 THz, which are resonantly driven by a pulse with a cen-
ter frequency of ω0 = �IR, a full width at half maximum
pulse duration of τ = 0.1 ps, and a peak electric field of
E0 = 23.7 MV/cm. For the sum-frequency components in
two-phonon absorption, the phonon frequencies have to be
half the magnon frequency, �IR = �IP/2, at 2.5 THz for
the 5 THz magnon system and at 0.5 THz for the 1 THz
magnon system. We yield phonon amplitudes equal to that of
the 15 THz phonon when we set the parameters as follows:
ω0 = �IR = 2.5 THz, τ = 1 ps, and E0 = 0.4 MV/cm for the
5 THz magnon system, and ω0 = �IR = 0.5 THz, τ = 5 ps,
and E0 = 16 kV/cm for the 1 THz magnon system. The ex-
citation of the 2.5 THz phonon with equal amplitude as the
15 THz phonon therefore requires a factor of 350 less total
pulse energy ∝E2

0 τ and even a factor of 40 000 less for the
0.5 THz phonon. For the linewidths of all phonons, we use
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Phonon inverse Faraday effect Phonon inverse Cotton-Mouton effect

5 THz magnon system 1 THz magnon system 5 THz magnon system 1 THz magnon system

ΩIR=15 THz 
ΩIR=2.5 THz

×20
×10

ΩIR=15 THz 
ΩIR=0.5 THz

ΩIR=15 THz 
ΩIR=2.5 THz

ΩIR=15 THz 
ΩIR=0.5 THz

×10

×20

(a) (b) (c) (d)

(e) (f) (g) (h)
×2

FIG. 4. Spin dynamics induced by the phonon inverse Faraday and phonon inverse Cotton-Mouton effects. In (a)–(d), we compare the
effective magnetic fields, BPIFE

s and BPICME
1 , produced by the different phonons (15, 2.5, and 0.5 THz) in the 5 THz and 1 THz magnon systems.

In (e)–(h) we compare the Faraday rotations θ around the x direction arising from the spin dynamics induced by the effective phonomagnetic
fields. The Faraday rotations are directly proportional to the induced spin-precession amplitudes, θ (t ) ∝ m(t ), see Eq. (28). Both the effective
magnetic fields and the rotations are normalized to those generated by the respective high-frequency drives, B0 and θ0.

phenomenological values of κz = κy ≡ κIR = 0.05 × �IR. We
further set the mode effective charges to ZIR = 1 eÅ, where e
is the elementary charge [23].

We show the amplitudes of the coherently excited infrared-
active phonons Qz according to Eq. (27) in Figs. 5(a) and
5(b). In the case of circular excitation, Qy (not shown in the
figures) is shifted in phase by π/4 with respect to Qz and in
the case of linear excitation it is in phase with Qz. We further
show the normalized effective phonomagnetic fields produced
by the phonon inverse Faraday effect according to Eq. (22)
and by the phonon inverse Cotton-Mouton effect according to
Eq. (26) in Figs. 4(a)–4(d), as well as the normalized Faraday
rotations according to Eqs. (28) and (1) in Figs. 4(e)–4(h).
The values of the phonomagnetic fields and Faraday rotations
are normalized to the maximum amplitudes of the respective
high-frequency drives.

(a) (b)ΩIR=15 THz ΩIR=15 THz

5 THz magnon system 1 THz magnon system

ΩIR=0.5 THzΩIR=2.5 THz

FIG. 5. Time evolution of the phonon amplitudes Qz in response
to the excitations by resonant terahertz pulses. (a) 15 and 2.5 THz
phonons in the 5 THz magnon system, and (b) 15 and 0.5 THz
phonons in the 1 THz magnon system. We chose the pulse energies
such that the maxima of Qz are equal for the high- and low-frequency
phonons, respectively. In the case of circular excitation, Qy (not
shown) is shifted in phase by π/4 with respect to Qz and in the case
of linear excitation it is in phase with Qz.

The phonon inverse Faraday effect displays only static
responses of the effective phonomagnetic fields BPIFE

s , re-
sulting from difference-frequency components from the 15,
2.5, and 0.5 THz phonons, analogously to its optomagnetic
counterpart. Analogously to the optomagnetic case, the high-
frequency drive of the 15 THz phonon leads to an impulsive
excitation of the magnon through ionic Raman scattering,
while the 2.5 and 0.5 THz phonons induce a transient mag-
netization instead, as the ferromagnetic component m follows
the envelope of the respective phonon. Notably, the 15 THz
phonon also induces a transient magnetization that is remi-
niscent of the transient structural distortion generated through
nonlinear phonon-phonon coupling in nonlinear phononics
experiments [15–18].

For the phonon inverse Cotton-Mouton effect, a strong
oscillatory component is visible in the effective phonomag-
netic field BPICME

1 . While all three phonons are excited with
similar amplitudes and yield similar magnitudes of effective
magnetic fields, the spin-precession amplitudes and there-
fore Faraday rotations induced by the 2.5 and 0.5 THz
phonons exceed those of the 15 THz phonon by a factor of
30–50. This is due to the nonimpulsive nature of the sum-
frequency process that gradually builds up the amplitude of
the magnon, and which benefits from the long lifetime of
the low-frequency phonons, while the impulsive excitation
through the difference-frequency components is independent
of the envelope of the high-frequency phonon. Analog to the
optomagnetic case, the behavior of the magnons in the ionic
Raman scattering and two-phonon absorption processes un-
derlying the phonon inverse Cotton-Mouton effect is similar
to that of Raman-active phonons [23].

III. DISCUSSION

Our results show that the inverse Faraday and phonon
inverse Faraday effects do not produce sum-frequency
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components for circularly polarized light or phonons, respec-
tively. The weak dependence of the first-order optomagnetic
coefficients on the frequency of light and phonons makes it
further unlikely that significant excitation will be achieved
through elliptical polarization. Intriguingly however, the
difference-frequency components of the phonon inverse Fara-
day effect induce a transient magnetization that could be
considered a magnetic analog of the transient structural dis-
tortion in nonlinear phononics [15–18,60,62–67,69,70,86].

The inverse Cotton-Mouton and phonon inverse Cotton-
Mouton effects in contrast produce strong sum-frequency
components that scale identically in terms of the second-order
opto- and phonomagnetic coefficients as the difference-
frequency components. Here, for the same total pulse energies
and magnitudes of the optomagnetic coefficients, similar spin-
precession amplitudes can be achieved through impulsive
stimulated Raman scattering and two-photon absorption. In
the phonomagnetic effects, spin-precession amplitudes in-
duced by two-phonon absorption are at least an order of
magnitude larger than those induced by ionic Raman scatter-
ing for equally strong phonon excitations and phonomagnetic
coefficients. This difference arises from the nonimpulsive na-
ture of the sum-frequency mechanisms in combination with
the long lifetimes of the low-frequency phonons, where the
spin-precession amplitude can build up gradually over time.
In addition, the pulse energies required to excite these low-
frequency phonons are orders of magnitude lower than the
ones required to excite high-frequency phonons, making the
phonon inverse Cotton-Mouton effect particularly efficient.

From a feasibility perspective, optomagnetic sum-
frequency excitation can straightforwardly be implemented by
choosing the center frequency of the laser pulse at half of the

magnon frequency. The feasibility of the phonomagnetic sum-
frequency mechanism in turn strongly depends on the material
properties that determine the magnon and phonon frequencies.
For low-frequency magnons, as the example of the 1 THz
magnon here shows, phonons with an eigenfrequency of 0.5
THz would be required that are not present in most existing
compounds. The phonomagnetic sum-frequency mechanism
should therefore be more applicable to high-frequency
magnons (and possibly two-magnon excitations, which dou-
ble the required excitation energy compared to one-magnon
excitations), for example in complex magnetic structures such
as yttrium iron garnet [87], which host a large number of
magnon and phonon modes. There, the high selectivity pro-
vided by the sum-frequency mechanisms due to their resonant
conditions in combination with the high selectivity of coher-
ent phonon excitations achievable in recent years [88] may be-
come powerful tools for spin dynamical control in the future.
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